Introduction. In a recent paper [l]
1 Abramescu gave a metrical characterization of the cubic curve obtained by equating to zero the terms of the expansion of a surface S at an ordinary point Oi, up to and including the terms of the third order. This cubic curve is rational and its inflexions lie on the three tangents of Darboux through 0\. In this paper we give a projective characterization of such a curve, and hence a new derivation of the tangents of Darboux. By using the method employed in this characterization to the curve of intersection of the tangent plane of the surface at 0% with 5, a simple characterization of the second edge of Green is found. Another application exhibits the correspondence of Moutard. Finally a new interpretation of the reciprocal of the projective normal is given in terms of the conditions of apolarity of a cubic form to a quartic form. The canonical tangent appears in a similar fashion.
Let S be referred to its asymptotic curves, and let the coordinates (x 1 , X , X , X 4 ) of the generic point Oi of S be normalized so that they satisfy the system [2 ] of differential equations The line h joining 0\ to 04 ,whose coordinates are x^y is the R-conjugate line, and the line h determined by 02, 03, whose respective coordinates the inharmonic line. If we define the local coordinates (xi, #2, ^3, #4) with respect to Presented to the Society, April 26, 1947; received by the editors April 11, 1947. 1 Numbers in brackets refer to the references cited at the end of the paper. 2. Characteristic points of a plane curve. Let the triangle of reference O1O2O3 to which a plane curve C is referred be covariant to the curve or to a surface to which C bears some geometrical relation. Let the homogeneous coordinates of a point with respect to this triangle be (xx, x^y Xz), the nonhomogeneous coordinates being denned by the expressions x=*x*/xu y=Xz/xx. The line y = 0 being chosen as the tangent to C at 0i, the power series expansion
Consider at 03(0, 0, 1) the involution whose double lines are OxOz, 0203. Corresponding lines of this involution intersect C in points
The line P1P2 intersects the tangent to C at 0\ in a point whose limit T as Pi approaches Oi along C has coordinates We shall call the point T with coordinates (2.2) the characteristic point of the second order of C at Oi relative to 0\Oz02* Let 0 2 ' (p, 1, 0) be an arbitrary point on the tangent to C at Oi, but distinct from Oi. The transformation from the triangle 010203 to Oi0 2 '03 is
Under the transformation (2.3), the equation of C may be written in the form
Hence the characteristic point of C relative to O1O3O2 has coordinates
More generally let the equation of C have the form
Consider through 0 3 two lines forming with O1O3, 0 2 0z the constant cross ratio Z, I being one of the &th roots of unity, but l?*l. These lines intersect C in two points Pi, P 2 determining a line which intersects the tangent to C at Oi in a point whose limit as Pi approaches Oi has coordinates
We shall call the point T whose coordinates are (2.5) the characteristic point of the kth order of C relative to O1O3O2. This edge of Green may be characterized in another way. The section of 5 by the plane through the jR-conjugate line and the tangent to the asymptotic curve v = const, has the equation has a unode at O4, the plane O2O3O4 as uniplane, and has contact of the third order with 5 at Ox) hence S' is completely determined. The projection on their common tangent plane at Ox of the curve of intersection of S and S' has a quadruple point at 0], the quadruple tangents being given by 
